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Assume that for all integers n > 2 and for every n-ary aggregator
f=(f,....fm), there is an integer d < n such that for every integer
J < mand every two-element subset B; C X;. the restriction fj|B; is

equal to prj, the n-ary projection on the d-th coordinate.

Then for all integers n > 2 and for every n-aary aggregator
]_“: (f1,...,fm) and for all s > 2, there is an integer d < n such that for
every integer j < m and every subset B; C X; of cardinality at most s,

the restriction f;|B; is equal to prj.



ml | m2
nl a a
n2 b b
n3 C C
n4 a a

Let fi(a,b,c,a) = b and f,(a, b, c,a) = c.
If among X1, X2, X3, X5 at most two are different then f(x1, X2, X3, X4) = X




N=4,5=3,M=2- CONTINUE

Set g(x1,%2) = f(X1, f(x1, X2, C, X1), €, X7)

gq(a, b) = fi(a,fr(a, b, c,a),c,a)
g:(a,b) = fi(a,b,c,a)
g:(a,b)=>b

g2(a,b) = fr(a,f(a, b, c,a),c,a)
g>(a,b) =fi(a,c,c,a)
g2(a, b) =

(S



N=5,5=3,M=2

ml | m2
nl a a
n2 b b
n3 C C
n4 a a
nS a a

Let f1(a, b,c,a,a) = b and f,(a, b,c,a,a) = c.
If among X1, X2, X3, X4, Xs at most two are different then
f(X17X27X37X4)X5) =Xq



N=5,5=3,M=2 CONTINUE

Set g(x1, X2) = f(x1, f(X1, X2, €, X1, X1), C, X1, X1)

g1(aab) :ﬁ(avﬁ(aab7caa7a)7caaaa)
gi(a,b) =fi(a,b,c,a,a)
g:(a,b)=>b

g2(a,b)
g»(a,b)
g2(a, b)

f2(07f2(07 ba €y @ Cl), €, @y G)
fZ(av G, G, a? a)

I
o



ml | m2
nl a a
n2 b b
n3 C C
n4 | d d
nS a a

Let f1(a, b, c,d,a) = b and f,(a, b, c,d,a) = c.
If among x4, X2, X3, X4, X5 at most three are different then
f(X17X27X37X4)X5) :X'I



N=5,5=4,M=2 CONTINUE

Set g(x1, %2, X3) = f(x1, f(X1, X2, X3, d, X1), X3, d, X1)

g1(a,b7c) :ﬁ(a7ﬁ(avbacvdaa)acadaa)
gq(a,b,c) =fi(a,b,c,d,a)
gi(a,b,c)=0b

g2(a,b,c) =fi(a,f>(a,b,c,d,a),c,d,a)
g2(a,b,c) =f,(a,c,c,d, a)



ml | m2 | m3
nl a a a
n2 b b b
n3 C C C
n4 | d d d
nS a a a

Let f1(a, b,c,d,a) = b, f»(a,b,c,d,a) = cand f3(a, b, c,d,a) = a.
If among x4, X2, X3, X4, X5 at most three are different then
f(X17X27X37X4)X5) :X'I



N=5,5=4,M=3 CONTINUE

Set g(X17XZaX3) :f(X17f(X17X27X37daX1)7X37 d7X1)

g1(a,b7C) :ﬁ(avﬁl(a7bvc7daa)acvdva)
91(07 b7C) :ﬁ(a7 b7C7da a)
gq(a,b,c)=>b

92(07 b> C) = fZ(G,fZ(Ga bv (o da a)v c, da Cl)
gZ(a7b7C) fZ(a7Ca Ca d7a)
92(07 b7 C)

I
Q

g3(a7 b,C) :f3(avf3(aa b7C7 d7a)7ca dva)
g9s(a,b,c) = fs(a,a,c,d,a)
g3(avb7c) =a



